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Put metrics at infinity on vector bundles and you will have a geometric intuition of
compact varieties to help you.
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div(f):Z p]E@Z [p] = Div(X)
peX peX
gooooooooao
deg(f) = Y vp(f) =0
pEX

0000Rat(X) = {div(f) | f € C(X)*} ¢ Div(X)0 OO0 OCH'(X) = Div(X)/Rat(X)
0000000 deg: Div(X) - ZOOdeg: CH(X) -Z0O0O00O0O
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div(s va ] € CH'(X)

peX

0000 CHYX)OOOO0O00Odiv(s)d s0000000000
(C) Pic(X)00XOODOD0O0O0O0D000000000000000

¢ : Pic(X) — CHY(X), L+ div(s)

0000000 sO0 LO00000000 00000000000 Odeg : Pic(X) — Z
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000 X =Spec(Z)0000
(A) co0000000000feQ\{0}0000O

Voo(f) = —log|f|* € R
DOo00 oo

Div(¥) = | P Z-[p] | @R [o0]

p:00

div(f) = > vp(f) - [p] + vse(f) - [o]
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0D00000000s00000 LOD000D000000000DY(X)0O0
(1.2.8.1) dd®[—log h(s, s)] + daiv(s) = le1(L)]
000000



oobooooboooo 9

000 XOOOOdOoooo

0000 1 00000div(s)DOO0O00000 normal crossings0 0000000000
000000000 peXOOODOOpOOOODO (U:21,...,2¢) 00000Supp(div(s))
UOO0O0 z2--2e=00000000000000010000000O00O0ODODOO

/log|21|2ddc77=/ n
U 21=0

gboobouogogbobooobbbbb ob

______

/ log |21]? dd°n = lim log |z1|? ddn
U

0 ]z <e

0O00O0Stokes] 00000000 A100000

/ log |z, |* ddn = / d (log |=1|* dn) — / dlog |z [* A d°n
|z1|<e |z1|<e

|z1]<e
:—/ log |42 dcn—/ dlog [P Adn  (Stokes
|z1|=e€ |z1|<e

. / log |12 d°n + / FloglafAdy (00 KD
|21]=€

|z1|<e

= —/ log |21 dcn—/ d (dlog|z1]* Am) + dd®log |z1|* A n
|21 |=¢ |z1]<e

|z1|<e

= —/ log |zl|2 dn +/ d‘log |z:1|2 A1
|21]=¢

|z1]=¢

+ / dd®log |21|* A n (Stokes
21| <e

0000000 e,0000000 10000000 AZ@G()00 0000000 2000
0

D000 2@ 00 f,_,n00000 00 dd‘log|z>=00000000 300 000

0o o0oo
/10g|21|2ddc77=/ )
U 21=0
afslslsls

0000 2 0000000000D=div(s)D00000D00000O0O000 [14]00
gooboooub n: X —-X0O

() XO0OoOO

(i) E=r(D)0000000

(i) 7|5\ supp(my * X \ Supp(£) — X \ Supp(D) 0 00



10 o0 Mooo mooo Mo

goobuooooobban

/ —logh(s, s) ddn = /~ —logm*h(r*s, m*s) dd®(m*n)
X X

[ a@an= [ a@Tary
X X
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00 13.1(000000). z0000O0000O00O0OO0O0DOODOOODOOOOO arithmetic
varietyd 0 0 0o 0O

xX000000000000040000000000000000000000000
0000000000000000000000000000X,0000000000000
0000@MO00000X(C)00000000000000000000F,: X(C) — X(C)
0000000000000

DPP(X) ={T € D**(X(C)) | T O reald 000 F%(T) = (—1)PT}
APP(X) = DPP(X) N APP(X(C))
APP(x) = APP(X)/{Image(0) + Image(d)}
good
ZcxO0O0OO0pOODODODOOOgeDrY»Y(X)ODD0O0 weAP(X)0O0000
dd®(g) + dz(c) = [w]

0000000Z000000000 0000

0000 (2,¢)00Z0 x0O0O00 p000000ge Dy » {(X)O 2000000
0000000000000 p0 0000000 0 arithmeticcycl@0 000000000
00000000000000000

0132.YCcXx0000p-100000000000f€k(y)*0 0000 Y0000
000000 00000 div(f),[-log|f|?)0 XOODOD p0000000000000
00000 div(f)0 fO0000000X0000 p0000000 00 [—log|f]0 »O
Jyo(=log|f)n0 0000000 D (X)00000000000000 Y(C) 00

0000000000000000000
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000000000
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0000000 Rat (A)0000 20000000000000000000000 Z7(X)
0000000000000
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oooooooo
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00000000 PieX) 00X 00 C*-000000000000000000000
O00L=(£,h)0 X000 C>*-000000000s0 £000000000O0O0ODOOO
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(i) 000070000007 :X(C) - YCUO0000000O0000O
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Bott-Chern2 0 0 0 0 O (Bott-Chern secondary char-
acteristic form); 21

C>*-000000000000 (C*°-hermitian holo-
morphic vector bundle}, 19

C>*-00000000 (C*-hermitian line bundle),
g,12

C>*-0000000000 (C°-hermitian vector bun-
dle),i23

C> 0000 (C*°-model), 47

Poincaré-Lelongl 0 O, §
Quillen 0 O (Quillen metric); 25
UO0000 (model over)), 47

000000 (adelic metric), 47
DDDDDDDDDDDDD,E}_S
DoooOo00oooooo,d8

0000 (push-forward), 14, 16

000000 (analytic torsion), 45

000 (integrable); 48
D00000000000000000000,48
0000 (current); 6

00000000 dd*-00,40

0000 (determinant line bundle), 27
0000 (admissible metric), 51

00000000 (Greencurrent),§, 12
0000 (metric connectiony, 19

000 D-0000 (arithmeticD-cycle),1 15

000 D-ChowO (arithmeticD-Chow group), 15

00 O Hilbert-Samuel 0 0, 32,:39

000000000 (arithmetic Euler characteristic),
31

0000000 (arithmetic intersection theory), 14

0000000 (arithmetic cycle); 12

0000 100000 (arithmetic first Chern class),
13

00000000 (arithmetic height function); 56

000000 (arithmetic variety), 12

000000000 (height of arithmetic variety), 17

000 ChowD (arithmetic Chow group}, 12

000000 (arithmetic characteristic class), 24

Oooooooooooooo (arithmetic Riemann-
Roch theorem), 28

70

0000 (projection formula), 16

000000 (vertically nef); 32, 5!9
Ooooog (vertically ample) 32
000000 (horizontally nef), 5-9

O (positive), 3l )
00O (generic), 64
00000000 (generic resolution of singuralities),

nooooooo,32 i
00000 (small section), 29
0000 (successive minimaj), 380

oooooooo,$d
0000 (characteristic form), 20

00 (nef),,59
ooooooooo,S5#
OO (semipositive);_-:_il

0000 (pull-back),14 i
00000000 (canonical height functiony, 58

0000000,3,65
00000000000, 306
0000000 Hilbert-SamueD 00, 32,13

0000 (cubic metric); 53
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goobbboubiobobbo
goo

adelicmetric— 000000
admissible metric— 00 0 O
ample= 00

analytic torsion—= 00000 O
arithmetic Chow group = 0 0 O Chow [
arithmetic variety —= 000000
cubic metric=—= 0000
determinant bundle— 00 00O
effective divisor— 0 0 0 O
equidistribution — 00000
generic= 000

generic resolution of singularities— 0 00 [
gooogo

height function—= 00 00O

integral = 0 0

nef— 00

push-forward — 00 OO
quasi-projective —- 0 0 0 O

regular = 00O

semipositive—- [0 0

symmetric=— 0 0O
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