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Roynette–Vallois–Yor (cf. [2]) ��������� ��!�"$#&%('*)�+�,$-�.$/$0�1�243 5�687�79;:=<?>A@CB?� ,EDCFAG?HJILKCM=NCO Najnudel–Roynette–Yor ([1]) �CP8)A+?Q=R;7CSUTVXW 7XYC�$Z�" V S�/$[�\;"$]_^a`X58D�FXG?H�b�P(cXd universal ' σ-e @8f�g "�h$i�/j�kXl " ��m_n `odCpXI$,Eq_3E5COr�s�tXu ��P Feynman-Kac killing 78v�w;" l , x4yzP{�X����� ��!�"8|�}~dLD�FXG$H
7?|=��� B QCRC�;7 kC� 2�, [4] "���i�/�����d�O�p?7?�=�X� Marc Yor � (Paris VI) �
h?� �C���=� � ( � �C�C� � ) IL7��X�?��� u cXd�O��C5�P��=78�X�=7X� u )C�;'8�=�o,� 58}�P8|���� B QCRX78������ ;7X¡�¢��8£$¤ ([3]) " V S�/X6 ¥�`;5�S�O
D�FXG$H (penalisation problems) IE� � 7�h�¦§'�G8H~,E¨�}=O (Xt,Ft, Px) , k ��© α-

� B Q�Rª7 canonical representation I«}¬d$O­¨ � α � 1 < α ≤ 2 ,¯®&5$}°I«± B }¬d$O�p
7¬I*² ³ª´(�$0(µ W$V(¶{· l I¯'~yzP ¸º¹ :(< L(t, x) b»|(¼(}~d*O R ½(7*¾�¿ f{g V (dx)

"8|_3LP$)X+8Q�R (EV
t ) ,

EV
t = exp−

∫
L(t, x)V (dx) (1)

u�B8À }~d8O8D�FXG?H_I ��P8)X+?Q�R (EV
t ) "�Áo3 /80�1C2 n `X5 f�g 7 9X:�<8>;@

EV
t dPx

Px[EV
t ]

t→∞
−→ dP V

x along (Fs) (2)

,E����d�pXI u cXd?OXp�p u P8ÂCÃX78ÄXÅ���P
Px[FsE

V
t ]

Px[E
V
t ]

t→∞
−→ P V

x [Fs] for any Fs: bdd Fs-m’ble (3)

b8Æ_yLÇ V pXI8,EÈÉ¦ÊO
Najnudel–Roynette–Yor ([1]) "C'o^ES�P σ- e @8f�g P ,

P = (const.)

∫ ∞

0

du

u1/α
Q(u) • P h

0 (4)

u�B$À }~d?OËp�p u P Q(u) � 0
W ^ 0 �X7 94n u 7XÌ�� ÍXÎ$Q�R u c�yÏP P h

0 �?������ XP}X'�Ð;ÑEÒ�Ó f�g n I§�C�XÁ � | · |α−1 , ÔAS�/ � 7Xh�¦§" B8À_n `od F∞ ½�78Õ�Ö fCgu cXd :

dP h
0 |Ft

= (const.)|Xt|
α−1dn|Ft

. (5)

× ÄX7 x ∈ R "?|43EP P 7�Ø u 7 (x + Xt : t ≥ 0) 78Ù�Úo, Px IÏÛ_TÏO
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1 � 0 <

∫
(1 + |x|α−1)V (dx) < ∞ ,E± B }~d?OXp87oI8² � b8Æ_yEÇ V :

(i)
EV

t dPx

n(R > t)

t→∞
−→ EV

∞dPx along (Fs);

(ii)
Px[E

V
t ]

n(R > t)
t→∞
−→ Px[E

V
∞] =: ϕV (x);

(iii) (EV
∞dPx)|Ft

= ϕV (Xt)E
V
t dPx|Ft
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EV
∞dPx

ϕV (x)
=: dP V
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��5�P >�@8f�g P V
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dP V
x |Ft

=
ϕV (Xt)

ϕV (x)
EV

t dPx|Ft
. (7)

B �
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dM (t) =
1{R>t}

n(R > t)
dn|Ft

(8)

u�B8À n `od Ft ½�7?Õ�Ö f�g , ¨C}=O
���

2 � (Et : t ≥ 0) � 0 ≤ Et ≤ 1 'Xd
�	� l�� Á � IÏ}odXI8²$P
EtdM (t) t→∞

−→ E∞dP h
0 along (Fs). (9)
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